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Proposition (intensive and extensive margins: general case) The elasticity of substi-
tution (�) has a negative e¤ect on both the elasticity of trade �ows with respect to variable trade
costs ( �), and on the elasticity of trade �ows with respect to �xed costs ( �):
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when:

1. there are only two countries.

2. there are N countries, and all foreign �rms face the same �xed export cost into j.

3. countries are small.

4. �xed export costs are not too di¤erent across countries (e.g. less than 400 times apart with
3 countries).

Proof. I now relax the simplifying assumption @�j
@� ij

=
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= 0 made in proposition 2. In this
general case, the elasticity of trade �ows with respect to variable trade costs is no longer the same
for all country pairs. For exports from i to j, it is given by,
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kj . In the absence of the simplifying assumption above,

it does depend on the elasticity of substitution (�),
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The elasticity of trade �ows with respect to �xed costs is also di¤erent for di¤erent country pairs.
For exports from i to j, it is given by,
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It does depend on the elasticity of substitution in a more complicated way than in the simpler
case presented in proposition 2,
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The sign of both derivatives (
@�ij
@� and

@�ij
@� ) is negative under only mild assumptions. I prove this

result in several special cases of interest, and provide conditions under which it is true in general.

1. Two country case: it is natural to assume in a two country case that the �xed entry cost
into one�s own domestic market is smaller than the entry cost into the foreign market,

fij > fjj ; for i 6= j

This mild assumption is consistent with the observed empirical fact that not all domestic
�rms export, whereas few if any �rm sells abroad and not at home. In that case, the
elasticity of substitution (�) has a negative impact on the elasticity of trade �ows with
respect to variable costs (�),
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and the elasticity of substitution (�) has a negative impact on the elasticity of trade �ows
with respect to variable costs (�),
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2. N asymmetric countries, same �xed export cost into country j: another simple
case arises when the all �rms face the same �xed export cost into country j, fXj , whereas
domestic �rms from in j face a �xed entry cost fDj , with,

fXj > fDj

Notice �rst that variable trade costs can take any values (satisfying the triangular inequal-
ity), with any asymmetry allowed. Second, notice that �xed entry costs into di¤erent
countries can vary and take any value. I reduce the dimension of �xed entry costs from N2

to 2N . In that case, the elasticity of substitution (�) has a negative impact on the elasticity
of trade �ows with respect to variable costs (�),
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And the elasticity of substitution (�) has a negative impact on the elasticity of trade �ows
with respect to variable costs (�),
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3. Small countries (Yi=Y � 0): I present here a formal proof that if country i is small, then
�ij � � = 
 and �ij � � = 


��1 � 1. If country i is small, Yi=Y � 0, then for �nite trade
barriers, Ai � 0. It follows that,
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This is the result presented in proposition 2,
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4. General case: In general where di¤erent countries face di¤erent �xed entry costs into j, it
is possible that for some countries (never all),
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@� > 0 and
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@� > 0. But then, for all the

other countries,
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@� < 0 and
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@� < 0. This follows from the fact that in order to reverse

the sign of
@�ij
@� , it must be that fij is smaller than fkj for some k, but then by construction,

fkj > fij for those k�s. Moreover, it requires extreme parameter restrictions to reverse the

sign of
@�ij
@� even for a single i. It cannot happen if the �xed export cost from i to j is not

at least exp (2N) times smaller than the �xed export cost into j for all other k countries,
i 6= k. With 3 countries (i, j and k), this would imply that the �xed export cost from i to j
is at least 400
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times smaller than the export cost from k to j. As the number

of countries grows, the conditions become even more severe.
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